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Answer ALL questions. Write your answers in the spaces provided.

1. A curve has equation

y=2x>-2x>-2x+8

(a) Find &
dx
(2)

(b) Hence find the range of values of x for which y is increasing.
Write your answer in set notation.

“)
a)%L = e - 4 -2

b) en® -H4u -2> QO

(6n*2 )(n-1) 70

cCv: 6u+t2:0 n-1=0

%3__|3" n=)

snape 9f grophi

e ~
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2. The quadrilateral OABC has O4 = 4i + 2j, OB = 6i — 3j and OC = 8i — 20j.

(a) Find AB.
)

(b) Show that quadrilateral OABC is a trapezium.
A @)
a] AB = 08 - 07
6123 = (Hi72))
(6-4)1r (-3-2)
= 21-5

I

b) 2i-5] =3 (§-20))
4 A8 = 08
52 and I@ are 1n e same divection but have different tength , so GABC §
Trapezivm.,
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3. A tank, which contained water, started to leak from a hole in its base.
The volume of water in the tank 24 minutes after the leak started was 4 m?
The volume of water in the tank 60 minutes after the leak started was 2.8 m?

The volume of water, 'm?, in the tank ¢ minutes after the leak started, can be described
by a linear model between V" and t.

(a) Find an equation linking V with z.

Use this model to find
(b) (1) the initial volume of water in the tank,

(i1) the time taken for the tank to empty.

(c) Suggest a reason why this linear model may not be suitable.

a) V= at +b
N=99atb —Q©
2.8 =60ath — (2

@ -1.2= 36a

2
G.= 30
sub @ (o ()

4= 24 (=30 ) tb
b= 3

vV T —“éF) * ’-{*8

Igj) v= -30(0) +14.8

= 4.8 m3
n) v=0
0> "30 1’,‘*4-8
gt H.8
T =10 wins
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Question 3 continued
¢) The tanle il teak faSter oar the stavl due Jroquoﬁter water pressuve.

DO NOT WRITE IN THIS AREA

(Total for Question 3 is 8 marks)
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R(0, 5)\

y =g

O| P2, O)\/Q(7, ());

M4, 1.5)

Figure 1

Figure 1 shows a sketch of the curve with equation y = g(x).

The curve has a single turning point, a minimum, at the point M(4, —1.5).
The curve crosses the x-axis at two points, P(2, 0) and Q(7, 0).

The curve crosses the y-axis at a single point R(0, 5).

(a) State the coordinates of the turning point on the curve with equation y = 2g(x).

(b) State the largest root of the equation

gx+1)=0
(c) State the range of values of x for which g'(x) < 0

Given that the equation g(x) + k£ = 0, where £ is a constant, has no real roots,

(d) state the range of possible values for £.

aj 2(-15)=-3 d) k715
(4, -3)

by 1-1=6
n=6
CJ un < i

8
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5. f(x)=x>+3x*—4x— 12
(a) Using the factor theorem, explain why f(x) is divisible by (x + 3).
(2)
(b) Hence fully factorise f(x).
3)
X 43x% —dx - 12 o B
(c) Show that 3 2 can be written in the form 4 + — where 4 and B are
x° + 5x° + 6x X
integers to be found.
3)
Sa) n+3=0
=3

F-3): (-3)° + 3(-3)*-1(-3)-12
S -7+ 27+12-12
=0
o) = a3 3P RIMNI2 s divisible by (m+3)

b
) %1 y

N+3 |y 3+ 3n?-un 12
ez

— Y +12
-4 T2

fln)= (nr3)(n?-4)
s(wr3) po+2) (-2)

. 343U <o 412 = (w43 () (n2)
) %3 8oy A N (%3(%24 5%~t~{7>

- (WD (-2
n (?{;/Zj (%}3/5

(n-2)

Ly

10
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6. (1) Use a counter example to show that the following statement is false.

“n*—n—1 is a prime number, for 3 <n < 10.”

(2)
(i1) Prove that the following statement is always true.
“The difference between the cube and the square of an odd number is even.”
For example 5° — 52 =100 is even.
. 2 “)
1) ﬂ=3:3-%—t=5
b 1S ™ prime numbey
. 2
n=g: §°~8-[ = 55
| 5x1}1=55
22 5518 not @ prive numbey. Stetement s false
when M= 3§

1) odd numberS : Qn+t]

(ant1)® = (2n41)2 = 8n3+12n> 46nt] ~ (L4n>+ 1)
= 8n3+ 8n*t 2n
= 2 (4n3+4n*tn)

24 (4n3+4n?n) s always  evey)

12
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2
7. (a) Expand (1 + 2) simplifying each term.
X

(2)
(b) Use the binomial expansion to find, in ascending powers of x, the first four terms in
the expansion of
6
(1 + g)c)
4
simplifying each term.
“4)
(c) Hence find the coefficient of x in the expansion of
2 6
(1 + é) (1 + éx)
X 4
2 2 3 2 )
;> _ 2 _) 3
o) (VP5g) = 17+ 20)(50) (5
_ 6 .4
- ( -t' —7(_’ % 2

2 T) 20l n)
'l+_;i__7(/+% 7.+[1365%3
SR SRITE AL [ PN (SR SCee
3% 135
Leelh)r 9= B2
14
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y=Ax

=V

Figure 2

Figure 2 shows a sketch of the curve with equation y = Jx, x>0

The region R, shown shaded in Figure 2, is bounded by the curve, the line with equation x = 1,

the x-axis and the line with equation x = a, where a is a constant.
Given that the area of R is 10

(a) find, in simplest form, the value of
ra
(i) | 8xdx
Y1

(ii) [ /x dx

0

C))

(b) show that @ = 2*, where £ is a rational constant to be found.

- 0}
&1) LA];L dw =10

C))

6 _ a
jﬁ;g%m S S
= \Or\l/g:

= 204

16
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r w [
Question 8 continued
< )O NG — v ]
i N du = odw s | A du
< y 0 1Y (VANY)
1} 3 ‘
fu > -
E 0t = w |,
= Lo S U
= 2
I = ],O’\‘wg
=
5 32
Z = 2
(@)
Q
b) R:jl,\l% L
PR W
-5 J{
= (0
2 52
ER B
3 3
3
N A
a -1V
2
QA = ]63
\II_::')
w37
= 2
8
s 2 °
5
k="3
(Total for Question 8 is 8 marks)
J
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9. Find any real values of x such that

2log,(2 —x) —log,(x+5)=1
(6)

9
2 .;:z.;:
( l'h%;]/- — I )y Ql
%

=

o}

0 Garsy = 10gu 4

(2wl

'M_#*E oo

VIHY SIHLNI 3

-4+ MWy +20

%l—%% 6=

(w-4) 18160

N ~ A
(w-%) "= 32
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10. A circle C has centre (2, 5). Given that the point P(-2, 3) lies on C.

(a) find an equation for C. o 38
3) o
<

The line / is the tangent to C at the point P. The point Q(2, k) lies on /. =
(b) Find the value of &. o B8
) s

2 I T
o) ¥ = (242)) "+ (5-3) I
- L‘L - 4 1 2 : i
= )6ty g

= 20
(w=2) "% (y-5)*= 20 ~
b\ q}’aallelﬂ' O-F OP = _.2-2 /
Jd ) :/;
= '—'/‘_‘ 5
GNES
= L
2 =
“
gradient of [ = -2 i
oquation or | : A
v

3= (-2)(=2)4cC
=]
y= ~2uh -]
d A |
M/: —2(2)—'{
:_’5

2

o
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11. (i) Solve, for —-90° < 8 < 270°, the equation,
sin(20 +10°) =-0.6

giving your answers to one decimal place.

(3)
(i1) (a) A student’s attempt at the question
“Solve, for —90° < x < 90°, the equation 7tanx = §sinx”

is set out below.

7tanx = 8sinx

sin x

X = &sinx
COSX

7sinx = 8sinx cosx

7 =8cosx
_7
cosx = 2

x =29.0° (to 3 sf)

Identify two mistakes made by this student, giving a brief explanation of each mistake.

(2)
(b) Find the smallest positive solution to the equation
7tan (4o + 199°) = 8sin (4a + 199°)
. O _ -~
) (28+10 )= sin”' (-0.6)
= - M3.13°, - 36.87°, 216.97°, 313.13°

2

9= -76.6", ~23.4° 103.4° 1366 °

1) Since e range of % 18 grven s -90° < < 90", the student needs
o calculate Ine negative sotion a8 wel © ¢ =-29.0°

The $Tudent ngd cancelied out Sin .
sm =0

n=0

w=0 ¥ ¢SO ¢ Solution:
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Question 11 continued

b Cigrigq®) = 360°-29°
= 331"

oL = 3.0°

DO NOT WRITE IN THIS AREA

(Total for Question 11 is 9 marks)
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12.

=V

/|

Figure 3

Figure 3 shows a sketch of the curve C with equation y =3x —2 Jx , X > 0 and the line /
with equation y = 8x — 16

The line cuts the curve at point 4 as shown in Figure 3.

(a) Using algebra, find the x coordinate of point A4.

3)
(b)
VA //
/
/
’
/
/ C
/
A4/
7
7~ >
(0] / X
R ) s
S
/
%
/l
’
/
/
Figure 4
The region R is shown unshaded in Figure 4. Identify the inequalities that define R.
3)
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Question 12 continued

x) -0 = gu-lb

rd

W = Jh-5u
(2)" = (16-50)"
Ya, = 256— 160w + 2512

25U~ 1Y W +256=0

(h-24)(252-64) =0
s
25

%:L} A %:

n
(S

|i‘

b) 3n - 24w = 0
3w = 2w
qnt = An

et

%7,%' LouS M2 and gy > Bun-l6
J

C

. J
25
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13. The growth of pond weed on the surface of a pond is being investigated.

The surface area of the pond covered by the weed, 4 m?, can be modelled by the equation
A=0.2e%
where 7 is the number of days after the start of the investigation.

(a) State the surface area of the pond covered by the weed at the start of the investigation.

(1)

(b) Find the rate of increase of the surface area of the pond covered by the weed, in m?*/day,
exactly 5 days after the start of the investigation.

(2)
Given that the pond has a surface area of 100 m?,
(c¢) find, to the nearest hour, the time taken, according to the model, for the surface of the
pond to be fully covered by the weed.
“4)
The pond is observed for one month and by the end of the month 90% of the surface area
of the pond was covered by the weed.
(d) Evaluate the model in light of this information, giving a reason for your answer.
(1)
) A= 0-2)
20.2m°
dh 0.3 0.3t
) gt = (0.2)(0.3)e
0.3¢
= 0.0be )
A 03
\t:s ; %"E‘_‘ 0068 .
l.
= 0.06¢
= 0.268%0
<L 0.269 m* /day
c¢) A=100
-3
100> 0.2¢ *%F
500 = ¢ ©3°
0.3t > n500Q
} = IS0
0-3
= 20.715% day s
= 20 daﬂs 17 houvs
28
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Question 13 continued
d) The model suGqests that the pond wil be fully covered after 10 days 17 hoursd,

Observed dqta iS mcansistent with s model a3 the pond 13 only 90 °/, covered

af1ey gne month. Hence, the model ;s maccurale.

DO NOT WRITE IN THIS AREA:

(Total for Question 13 is 8 marks)

J
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14.
VA

/m\

Figure 5 shows a sketch of the curve C with equation y = (x — 2)*(x + 3)

=V

Figure 5

The region R, shown shaded in Figure 5, is bounded by C, the vertical line passing
through the maximum turning point of C and the x-axis.

Find the exact area of R.

(Solutions based entirely on graphical or numerical methods are not acceptable.)

9
we ()" (nr3)
(n >~ An ) (w33)
R VAR 7 S R 2R WX A W)
St A % SR VA

(TARY] i

e

= 3n*-2% -8

d 2
when Jo =0 , 3n”-2r-8=0

(1-2) (3z+%)=0
- 'y
=2 N3
2 3 2 7LI+ 3 Ny 1
\j‘q‘ n o N ”%L+12d%:[“—~_%‘~—,)‘+% ‘}[21}
e “+ 3 3
3 3
&&_(“Eﬁ
3 g
1590
-89





